The cross sections for neutrino scattering off the 12 C and 16 O nuclei are calculated within the framework of the continuum Random Phase Approximation. A model to consider also the final state interactions is developed. Total charge-conserving and charge-exchange cross sections for both electron neutrinos and antineutrinos have been calculated up to projectile energies of 100 MeV. The sensitivity of the cross sections to the residual interaction and to the final state interactions is investigated. A direct comparison between neutrino and electron scattering cross sections calculated under the same kinematic conditions is presented. We found remarkable differences between electromagnetic and weak nuclear responses. The model is applied to describe cross sections of neutrinos produced by muon decay at rest and in supernovae explosions.
Introduction
There are various reasons to study the interactions of neutrinos with complex nuclei. A first set of motivations is related to the use of the nucleus as a detector to investigate the neutrino properties [1] , for example, the parameters of the flavor oscillations. A second group of motivations is related to use of the neutrinos as a probe in astrophysics [2] , and, eventually, in geophysics [3] . Here the importance of the interaction with nuclei is not limited to the detection of the neutrinos, but it is also related to the study of the processes generating them, and to their scattering inside matter (stars, supernovae or earth). Another set of motivations is related to the use of neutrinos to probe the structure of the nucleons and of the nuclei. There is great interest for the possibility of studying the strangeness content of the nucleon with neutrino scattering [4, 5, 6] . Furthermore, neutrinos excite nuclear modes not accessible to the electromagnetic probes, and this allows the study of the characteristics of the nuclear dynamics, and of the nuclear interaction, usually hidden in other processes.
The phenomena above mentioned, involve neutrinos energies varying from a few MeV up to thousand of TeV. In this paper we study processes with neutrinos energies limited to a few tens of MeV. In this case the nucleon degrees of freedom are not excited and we shall be concerned only about the excitation of the nucleus.
Neutrinos with few tens of MeV can excite the nucleus above the nucleon emission threshold, in the region of the giant resonances. The Continuum Random Phase Approximation (CRPA) is the theory most often used to describe the excitation of the nuclear giant resonances. The calculations discussed here have been done by solving the CRPA equations with the Fourier-Bessel technique of Ref. [7] . The CRPA is able to describe, and predict, the position of the various resonances. In the comparison with the experimental data the CRPA cross sections are too large and their widths too narrow. There are good indications that these problems can be solved by extending the RPA configuration space which considers only elementary excitations of one-particle one-hole (1p-1h) type [8, 9] . We call Final State Interactions (FSI) the effects beyond CRPA, to allow for further re-interaction of the emitted nucleon with the remaining nucleus. We have improved the CRPA description of the total photo-absorption cross sections [10] by developing a phenomenological model that considers the FSI. In this article we present the results obtained by applying the CRPA plus the FSI model to the calculations of neutrino-nucleus cross sections. The primary aim of this work is the study of the consequences of the uncertainties of the nuclear structure model on the description of the neutrinos cross sections.
Even though the formalism we have developed is quite general, we have limited our investigation to the study of the interaction of electron neutrinos, and antineutrinos, with the 12 C and 16 O nuclei. The two nuclei we have selected are doubly magic nuclei where the CRPA theory is more successful. Furthermore, they are the most important nuclei in liquid scintillators ( 12 C ) or water ( 16 O ) detectors.
In Sect. 2.1 we discuss in some detail the choice of the CRPA input parameters. The model developed to treat the FSI is presented in Sect. 2.2. Our results are presented in Sect. 3 . We first discuss some general features of the neutrino-nucleus cross sections, then we compare electron ad neutrino cross sections calculated with the same kinematics. The total cross sections on the 12 C and 16 O nuclei are shown in Sect. 3.3. In Sect. 3.4 we present the results obtained by applying our model to the case of neutrinos produced by muon decay at rest, and in supernova explosion.
The model
In this work we consider the inelastic neutrino-nucleus scattering processes involving both charged current (CC) and neutral current (NC) reactions. The neutrino-nucleus cross section is obtained in plane wave Born approximation and for point-like interaction [11] . In the case of charged leptons we consider the Coulomb distortion by using a Fermi function [12, 13] . The expression of the cross section has been obtained by using the standard trace techniques. We made a non relativistic reduction of the weak current operators, and a multipole expansion of the transition amplitudes [11] . For the nucleon axial form factor we used a dipole expression with axial mass M A = 1014 MeV [14] .
This derivation of the cross section is a rather standard one [11] , and we do not present it here. A detailed description can be found in Ref. [15] . It may be worth, however, to discuss the final expression of the neutrino-nucleus inclusive cross section, by pointing out the differences with the electron scattering cross section. Under the approximations above mentioned, the the electron scattering cross section can be written as a sum of a longitudinal response, i.e. parallel to the momentum transfer direction, produced by the charge operator, and a transverse response, related to the current operator. Also the neutrino-nucleus cross section can be separated into a longitudinal and transverse responses. The novelties in the neutrino scattering are originated by the presence of an axial-vector term of the weak interaction operators in addition to the vector term which is analogous to that of the electromagnetic four-current. For this reason, in the neutrino scattering case, the transverse response is composed by a purely vector term, an axial-vector one and the interference between them. The longitudinal response is composed by a vector Coulomblike term and two axial terms which interfere with each other. The presence of a single vector term in the longitudinal response is due to the fact that we used the conserved vector current hypothesis. Always in the longitudinal response, the vector and the axial terms do not interfere since they excite states of different parity. Specifically, the vector current excites natural parity states only, while the axial current only unnatural parity states [11] .
Continuum Random Phase Approximation
The evaluation of the hadronic transition matrix elements, requires the knowledge of the wave functions describing the ground state and the excited states of the nucleus. As already anticipated in the introduction, we work in the framework of the CRPA theory. The secular equations of the theory are solved by using the Fourier-Bessel expansion technique developed in [7] and used in the description of various electron scattering processes [16, 17, 18] . We have extended the basic formalism of Ref. [7] to treat charge-exchange excitations. This extension is straightforward, therefore, we do not present here a detailed description of the theory which can be found elsewhere [15] . We rather prefer to make a discussion of the input parameters necessary to solve the CRPA equations.
The first input required by the CRPA is the mean field used to generate the configuration space of single particle states. The Fourier-Bessel formalism requires single particle states both in the discrete and in the continuum part of the spectrum. For both cases we use the same Woods-Saxon potential of the form:
with
where m π is the pion mass, and U Coul is the Coulomb potential, active only for protons, generated by a uniformly charged sphere of radius R c of total charge Z − 1. The parameters used for the 12 C and 16 O nuclei are shown in Table 1 . They have been chosen to reproduce at best the single particle energies around the Fermi surface and empirical charge density distributions [19] . The 12 C parameterization is different from that of Ref. [16] , more commonly used in the literature. With this new set of parameters the 12 C empirical charge distribution is much better reproduced.
The single particle energies are a crucial ingredient for the solution of the CRPA equations. In the spirit of the Landau-Migdal theory of the finite Fermi systems [20] , we used, when available, the experimental single particle energies [21] . In Table 2 we show the single particle states forming the discrete basis of our configuration space, together with the theoretical and experimental energies. In this table, the proton 1d5/2 and the neutron 1d3/2 states are included in 12 C . In our calculations, these states are in the continuum but the widths of their resonances are so narrow that, for computational reasons, it is more convenient to consider them as bound states with positive energy. The full space used in our calculations is obtained by adding all the continuum states allowing the angular momentum couplings with the hole states up to total angular momentum J=16.
The other ingredient required by the CRPA calculations is the residual interaction. We studied the sensitivity of our results to the choice of the residual particle-hole (p− h) interaction by making CRPA calculations with three different forces. Their general expression, in momentum space, is:
where k is the relative momentum of the p − h pair, and K a normalization constant. The first two terms have a linear dependence from the nuclear density ρ [22] :
In our calculations we used
with a = 0.5 and 0.6 fm and R = 3.0 and 2.71 fm for 12 C and 16 O , respectively. In our calculations we used two interactions of contact type, or zero-range interactions. This means that the functions F , F ′ , G,and G ′ of Eqs. (4) and (5) are constant in k. The values of these constants are given in Table 3 , and they are labeled LM1 and LM2. The parameters of the LM1 force have been fixed in [22] to reproduce the muonic-atom nuclear polarization energy shifts in the region of the 208 Pb nucleus. This parameterization of the interaction has been used in the literature to describe electromagnetic excitations of doubly magic nuclei [7, 16, 17] . The parameters of the second zero-range interaction, LM2, have been fixed in [23] to describe the nuclear spin responses of 12 C .
In addition to these two forces we used the polarization potential (PP) of Ref. [24] . This is an effective finite-range interaction containing, in an average way, the contribution of the exchange diagrams. The parameters of this force have been fixed to reproduce some static properties of nuclear matter. The validity of this parameterization has been tested against the results of microscopic calculations of nuclear matter density responses [25] . The PP interaction has been used in the description of the electron scattering quasi-elastic responses [18, 26] . The values of the Landau parameters, obtained in the limit k → 0, are given in Table 3 . The behavior of the various terms of the force as a function of the relative momentum of the p − h pair k is given in Fig. 1 .
The values of F , F ′ , G,and G ′ presented in Table 3 and in Fig. 1 , have been fixed in specific contexts. Since we want to use these interactions in a different context, with a very pragmatical approach, in the spirit of the effective theories, we renormalize each interaction by multiplying it with a constant K, whose values are given in Table 3 . In the case of 16 O the values of the constant have been fixed to reproduce the energy of the collective low-lying 3 − state at 6.13 MeV. For the 12 C nucleus the constants have been fixed to reproduce the position of the main peak of the total photo absorption cross section at 22.5 MeV. Only the LM2 force in 12 C has not been renormalized, since in [23] it was specifically tuned to treat this nucleus, even though the RPA calculations where performed in a discrete single particle basis.
The performances of our CRPA calculations have been tested by comparing the total photoabsorption cross sections with the data measured in Mainz [10] . This comparison is shown in the panels (a) and (c) of Fig. 2 . In our CRPA calculations the multipole excitations up to 3 − have been considered, even though the 1 − excitation contributes for more than the 97% of the cross sections shown in the figure.
In 16 O the LM1 and PP cross sections almost overlap, while the LM2 is slightly more attractive. In any case the position of the peak is quite well reproduced. As already mentioned, in the 12 C case, the good description of the main peak position provided by the LM1 and PP cross sections has been obtained by changing the normalization constant K. The differences between the two forces becomes evident when observing the other structures of the cross sections. The sharp peak at 17.8 MeV due to the neutron (1p3/2 −1 , 2s1/2) transition is more strongly excited by the LM1 force. The large peak above 30 MeV, produced by the opening of the 1s1/2 emission channel, appears at lower energy for the PP force. The LM2 force is more attractive than the other two, also in the 12 C case.
The interactions we have adopted, especially LM1 and PP, have been tuned to describe natural parity excitations. These are the most relevant excitations induced by electromagnetic probes. On the other hand, neutrinos are not so selective, and excite indifferently natural and unnatural parity states. This point will be discussed with more details in Sect. 3.2.
We have investigated the reliability of our approach in the description of the unnatural parity excitations. As example of the results of our tests, we show in Table 4 the excitation energies of the 1 + excitations in 12 C charge-conserving and charge-exchange transitions. The agreement with the experimental energies [21] is not very satisfactory, even though the general behavior is respected. It is remarkable that the three forces produce very similar results for the charge-exchange transitions, contrary to what happens in the charge-conserving ones. It is well known in the literature that the description of the unnatural parity excitations improves when tensor terms are included in the p − h interaction [27] .
The FSI model
The limits of the CRPA theory in describing the excitation of the nuclear giant resonances, are evident in Fig. 2 . While the positions of the resonances are rather well reproduced, the cross sections are overestimated, and their widths underestimated. The use in the calculations of different interactions does not substantially modify the behavior of the CRPA results. This indicates that the above mentioned problems are not solvable by changing the input of the calculations, but they are related to some of the intrinsic approximations connected to the RPA theory. In the panels (b) and (d) of Fig. 2 , we show the behavior of the sum rule integral
as a function of ω. 16 O but for larger energies, the experimental sum rules are much larger than both the TRK values, and the CRPA curves. There are effects beyond those described by the CRPA, probably short-range correlations effects [28] .
As we have already stated in the introduction, the main limitation of the CRPA theory seems to be the restriction of a configuration space where only 1p-1h excitation pairs are considered. The extension of this configuration space, to include more complicated excitations, for example 2p-2h pairs, seems to improve the agreement with the data [8, 9] . In order to take into account effects beyond the RPA we extend a phenomenological model which has been used to describe hadronic processes [23, 29] and electron scattering cross sections in the quasi-elastic region [18, 26, 30] . The model assumes that excitations beyond those considered by the RPA, act as intermediate doorway states. Asymptotically, the nuclear excited states have one particle, in the continuum, and one hole in the residual nucleus. A further assumption consists in considering that, at sufficiently high excitation energies, the contribution of the high-order excitations is independent of the angular momentum of the nuclear excited state. In the quasi-elastic region, the density of states is so high that a specific nuclear excitation characterized by its angular momentum and parity is not relevant any more.
Starting from these hypotheses, it is shown in Refs. [18, 29] , that the effects of these high-order excitations, that we shall call henceforth FSI, can be accounted for by a folding integral
where the folding function is:
In the above equations S 0 indicates a known nuclear response for an excitation energy E and a momentum transfer q. In our case S 0 has been calculated within the CRPA theory. Fundamental ingredients of the folding model are the functions ∆(ω) and Γ(ω) which are linked by a dispersion relation:
where we have indicated with P the principal value integral. The problem is then limited to the determination of the Γ(ω) function. In a microscopic approach, this function has to be evaluated by calculating all the many-particle many-hole transitions induced by the residual interaction. In practice, we extract Γ(ω) from an empirical description of the imaginary part of the single particle self-energy. The data we have considered for positive values of ω are those related to the imaginary part of the optical potential whose parameters have been fixed to fit nucleon-nucleus elastic scattering cross sections. For negative values of ω we have considered the energy width of the single particle levels, measured in knock-out reactions like (e, e ′ p) or (p, d). We have obtained Γ(ω) by making the average of the single particle energy width γ(ω) :
The empirical values of the single particle widths [31] have been fitted by using the following expression of γ:
Another correction to our CRPA calculations is related to the non-locality of the mean field. A simple way to take into account this important correction is the introduction of an effective mass of the nucleon m * [31] . For a given value of m * /m the following scaling relation holds:
Our FSI model conserves the sum rules. No further strength is added to that provided by the RPA. The effect of the FSI is a redistribution of the strength. The parameterization of the γ function and of m * given in the lowest row of Table 5 allows us to reproduce the electromagnetic quasi-elastic responses in various nuclei [18, 26, 30, 32] . In the giant resonance region some of the assumptions used to derive the model are not longer valid, for example, the independence of the γ function from the angular momentum and the parity of nuclear excitation. We forced our model to work also in the giant resonance region by considering an energy dependence of the A, B and m * parameters. For energies greater than 40 MeV, the values of these parameters are those used in the quasi-elastic region. We fix the A, B and m * values at 10 MeV, and we let them evolve linearly up to 40 MeV, where they reach their asymptotic values. The values at ε = 10 MeV have been fixed to reproduce at best, within this model, the photo-absorption data of Mainz [10] . The full set of parameters is given in Table 5 .
We show in Fig. 3 the effects of the model. In all the panels of the figure the thin full lines represent the CRPA results. The application of our FSI model by using the quasi-elastic parameters, lowest row of Table 5 , produces the dashed lines. The thick full lines show the results obtained with the energy dependent parameterization. The effect of the FSI is evident, the peaks of the cross sections are lowered, and their widths become larger. The asymptotic parameterization has too strong an effect on the CRPA cross sections. In order to simplify the discussion, we have used a unique parameterization for all the interactions and for both nuclei, for this reason the agreement with the data is not of the same quality for all the cases considered.
We have tested the validity of our model against the available electron scattering data. We have not been able to find inclusive electron scattering data in the giant resonance region for the 16 O nucleus. The agreement with the available 16 O quasi-elastic data [33] is quite satisfactory as has been shown in Ref. [32] .
The test comparison in Fig. 4 is done with 12 C data only. For the sake of brevity, we show only the results obtained with the LM1 interaction. The other interactions produce very similar curves. The data shown in the (d),(e),(f) panels of the figure are lowest energy cross sections measured in Saclay [34] in the framework of an experimental program aimed to separate charge and current quasi-elastic responses by means of a Rosenbluth technique. For this reason few points have been measured in the giant resonance region. To the best of our knowledge, the data shown in the (a), (b) and (c) panels have never been published. We have taken them from Ref. [35] where they are quoted. These data cover part of the giant resonance region.
The results of Fig. 4 show that the application of the FSI model improves considerably the agreement with the data. This was somehow expected, since the set of multipoles dominating the photo-absorption cross section and the electron scattering cross section are quite similar. Our FSI model describes rather well the inclusive 12 C electron scattering data in the quasi-elastic region [18, 26, 30] .
Results
The model described in the previous section has been applied to the description of neutrino scattering off the 12 C and 16 O nuclei. We first discuss some characteristics of the neutrino cross sections independent of the nuclear structure details. Then, we make a comparison between electron and neutrino cross sections under the same kinematic conditions. The discussion of these two points is necessary for a better understanding of the following section where we discuss the interplay between the nuclear structure model and the neutrino induced nuclear excitations. Finally, we apply our model to two specific cases: the neutrino emission from muon decay at rest, and from supernova explosion.
Some general features of the neutrino-nucleus cross sections
All the results presented in this section have been obtained with CRPA calculations by using the LM1 interaction and without the application of the FSI model.
In Fig. 5 we show the squares of the hadronic transition matrix elements as a function of the nuclear excitation energy. We have considered three neutrino scattering processes, and two neutrino incoming energies. The cross section is obtained by adding to the terms shown in Fig. 5 the interference terms, and by multiplying all of them with the leptonic terms. This changes only slightly the relative weight of the various terms. In all the cases we have investigated, the transverse axial vector currents dominate the cross sections [15] .
The other very general trend, is that of the axial Coulomb term whose contribution to the cross sections is always orders of magnitudes smaller than those of the other currents. These results are in agreement with those of Ref. [36] . The behavior of the other current operators is more complicated. Their role changes depending upon the reaction and the kinematics. For example, the charge-exchange reactions in the quasi-elastic region show remarkable contributions of the transverse vector operator, usually smaller than the contributions of the longitudinal axial operators.
Another point we want to discuss is the angular distribution of the emitted lepton. In Fig. 6 we show the results of calculations done for fixed nuclear excitation energy, 20 MeV, and for different values of the projectile energy ε i . The double differential cross sections have been integrated on the angle. These are what we call σ tot in the figure, and their behavior as a function of ε i is shown in the panel e. The ratios between the double differential cross sections and σ tot are shown in the panels (a − d) as a function of the scattering angle θ. In these panels the various lines show the results obtained with the values of ε i given in the lower right part of the figure. In agreement with the results of Refs. [37] and [38] we found a common trend of all the reactions considered: with increasing ε i the angular distributions become forward peaked. For the lowest values of ε i we have used, 50 and 100 MeV, the cross sections are larger in the backward than in the forward direction. This behavior is more pronounced in the charge-exchange reactions, (b) and (d) panels. In any case, the relative differences between the cross section values in the angular distributions is smaller at lower energies than at high energies. The absolute values of the cross sections can be estimated from the results shown in the (e) panel. The values of σ tot increase about two order of magnitude when ε i varies from 50 up to 200 MeV. After that, the increase of the cross section is much slower. The results we have shown are relative to a specific value of the excitation energy, but we found the same behavior for all the energies investigated [15] .
Electron versus neutrino scattering
There are many analogies between electron and neutrino scattering processes. For this reason electron scattering data can be used to make predictions about neutrino cross sections [39, 40] . In Figs. 7 and 8 we compare the nuclear excitations induced by both probes, in the same kinematic conditions. All the results have been obtained by using the CRPA and considering multipole excitations up to J=12. In Fig. 7 the energy of the incoming lepton has been fixed at 50 MeV, and two values of the scattering angle have been used: θ = 30 o and 150 o . In Fig. 8 we considered a lepton incoming energy of 1 GeV and θ = 30
o . Let's first discuss Fig. 7 where the nuclear giant resonances are in general excited. The behavior of the electron scattering cross sections is well known. The cross section at forward scattering angles is ruled by the longitudinal response, which is excited only by natural parity multipoles. At backward angles the transverse response, excited by both natural and unnatural parity multipoles, dominates. Furthermore, the values of the cross sections decrease with increasing incoming energy and scattering angle. All these characteristics are present in our results. It is worth pointing out the change of scale in the panels (a) and (c). To facilitate the discussion we show in Table 6 the percentage contribution of the various multipoles to the energy integrated cross sections of Fig. 7 . The electron scattering cross section is dominated by the 1 − excitation for θ=30 o , as is shown in Table 6 . The same table shows that, with increasing scattering angle, the role of the 1 − excitation decreases, while that of the 2 + and of the 2 − increases. This is a sign of the relevance of the transverse response. The broad peaks at 23.2 MeV are due to the 1 − , multipole responsible also of the sharp peak at 19.7 MeV. The sharp excitation at 20.1 MeV, which is enhanced at θ=150 o , is due to the 2 − multipole. The situation is quite different for the neutrino scattering cross sections. The shapes of all the neutrino cross sections have little resemblance with those of electron scattering cross section. A difference with the charge-exchange reactions was expected, since the basic particle-hole transitions are not those excited in electron scattering. The difference with the charge-conserving cross section is more surprising. It is shown in Table 6 that the neutrino cross sections are not dominated by the 1 − multipole, even at small scattering angles. In effect, the contribution of the 2 − multipole is relevant in all the cross sections. This multipole is responsible for the peak at 20.1 MeV in the (ν, ν ′ ) cross section. We have also verified that the (ν, ν ′ ) cross section, which is not shown in the figure, has a sharp peak in the same position, corresponding to the analogous excitation in (e, e ′ ). It is interesting to notice that in the experimental electromagnetic spectrum, there is a 2 − state at 20.43 MeV [21] . Our (ν, e − ) cross section shows a 2 − sharp peak at 23.40 MeV to be compared with a 2 − state at 24.09 MeV found in (p, n) reactions [41] . The features we have just discussed are understood by observing that, in all the neutrino processes we have studied, the axial vector part of the weak current dominates on all the other cross section terms. To be more specific, as shown in Fig. 5 , the transverse axial terms, are usually orders of magnitude larger than the other terms of the cross section. For this reason, in neutrino scattering there is no dominance of the natural parity multipoles, contrary to what happens with the electromagnetic interaction.
The dominance of the axial current has consequences also in the quasi-elastic excitation, as we show in Fig. 8 . The shapes of the various cross sections are rather similar, and they show the quasi-elastic peak at the same value of the excitation energy ω = 150 MeV. The differences become evident when the contribution of each multipole to the total cross section is explicitly studied. In the figure the progressive sum of these contributions, which finally gives the full line, is presented by the thin dashed lines. The contributions are ordered with increasing value of the angular momentum, and for each multipole, we show first the negative parity contribution, and then, that of the positive parity. The staggering shown in the electron scattering results, is due to the fact that natural parity multipoles contribute more than the unnatural parity ones, because the relatively small value of the scattering angle favors the longitudinal response. In neutrino scattering, the contribution of the various multipoles is more regularly distributed, without any particular difference between natural and unnatural parity states. From the above observations we conclude that the procedure proposed in Ref. [40] to predict neutrino cross sections by using universal response functions extracted from electron scattering data, should be used with caution, if at all.
An analogous study has been done for the 12 C nucleus. For sake of brevity we do not show here the results, which in the case of quasi-elastic region are similar to those of 16 O . In the giant resonance region, we observed that in 12 C , the role of the 2 − is not as remarkable as in 16 O . In 12 C the excitation of the 1 + multipole is more important.
The sensitivity to the nuclear model
In this Section we discuss the stability of our results against the uncertainties related to the choice of the residual interaction, and the influence of the FSI.
In Fig. 9 we show the differential cross sections for various neutrino scattering processes. The target is the 16 O . The projectile energy, ε i , has been fixed at 50 MeV, and the double differential cross sections have been integrated on the angular distribution of the scattered lepton. The cross sections have been obtained by using the three residual interactions presented in Sect. 2.1. The dispersion of the results of Fig. 9 is larger than that relative to the photo-absorption, see Fig. 2 . The positions of the peaks change with the interaction, and also the heights and the widths of the resonances. This sensitivity to the residual interaction is comparable to that shown in Refs. [36] and [42] .
In Fig. 9 the cross sections show narrow peaks. In our CRPA calculations the widths of the resonances are due, exclusively, to the proper treatment of the continuum, the so-called escape width The comparison between the two charge-conserving reactions, panels (a) and (b) of Fig. 9 , indicates that, in our calculations, neutrinos and antineutrinos excite the same resonances. For each interaction, our results show a perfect coincidence between the position of the peaks of the neutrino and those of the antineutrinos cross sections. This was an expected result, since the two processes imply the same configuration space. We did not find any trace of the effects presented in Refs. [42] and [43] .
In general, the antineutrino cross sections are smaller than the neutrino ones. This effect becomes evident in the total cross sections.
All the cross sections shown in Fig. 9 have been calculated within the CRPA framework. To illustrate the effects of the FSI, we show in the panel (a) of Fig. 10 the transverse axial response. The full line shows the CRPA response obtained with the LM1 interaction. The value of the momentum transfer has been fixed, and the response has been calculated for various values of the nuclear excitation energy. It is important to notice that, in the response, the two kinematic variables q and ω are independent. The application of our FSI model, produces the dashed line. As expected, the CRPA strength is redistributed. The peaks become smaller and broader, and the strength is mainly shifted toward the high energy tail. The strength moved at higher energies is lost when the response is inserted in the cross section, since in this case q and ω are related by kinematics constraints. For example ω cannot be larger than q. This fact provokes a general reduction of the total cross section.
In the panel (b) of Fig. 10 we show the effect of the FSI on the cross section. The full line shows the CRPA result. The naive application of the folding model to the cross section produces the dotted line. This procedure is incorrect, since it involves also the leptonic terms, which are momentum and energy dependent. The correct procedure consists in applying the folding model to the responses. The cross section is then calculated by using the folded responses. In the figure, the dashed line shows the cross section obtained in this last, correct, manner. Also in this case the peaks are lowered and smoothed, but their positions do not change as strongly as in the naive approach. More striking is the fact that the behavior in the higher energy region is rather similar to that of the unfolded cross section.
The total cross sections, obtained by integrating on the scattering angle and on the nuclear excitation energy, are shown in Figs. 11 and 12 , for 12 C and 16 O respectively, as a function of the projectile energy ε i . Since the cross sections values vary by orders of magnitude, we present them in both linear and logarithmic scales, which emphasize different aspects. The cross sections shown in the figures have been obtained by using the three interactions, and all contain the FSI effects. These are the main results of our work.
In Fig. 13 we present the effects of the FSI by showing the following ratios between total cross sections:
as a function of the projectile ε i . for the various total cross sections. The behavior of T (ε i ) at low values of ε i , can be understood by considering that, in the evaluation of the total cross sections, only the differential cross sections with excitation energies close to the nucleon emission threshold enter. Part of the strength removed by the FSI from the giant resonance region, goes to lower energies, i.e. in the region we are discussing. Therefore, in general, at low ε i the FSI cross section is larger than σ RP A . The exceptions to this trend are due to the presence of sharp peaks in the threshold region. These peaks are smoothed by the FSI. At low ε i values the sensitivity to the residual interaction is remarkable.
This situation changes at higher ε i values, where the various results stabilize their behaviors around a specific value. For ε i ≥ 40 MeV, the effect of the FSI presented, and discussed, in Fig.  10 starts to be effective, therefore the σ F SI is smaller than σ RP A , and this produces the positive values of T (ε i ). The asymptotic values of the ratios indicate the reduction factor produced by the FSI. These values vary between 0.05 and 0.10 in agreement with the results of Refs. [32, 44, 45] where the quasi-elastic regions have been investigated.
The effects of the various residual interactions on the total cross sections of Figs. 11 and 12 do not have systematic trends. Each reaction, and nucleus, should be separately analyzed. The logarithmic plots indicate that, at low energy values, the differences in 12 C are larger than those found in 16 O . It is evident that LM2 results in the 12 C (ν, e + ) 12 B reactions are remarkably larger than the other ones. This is due to the fact that in the LM2-CRPA calculation a strong 1 + resonance appears above the nucleon emission threshold. This does not happens for the other two interactions.
We emphasize the differences between the total cross sections calculated with the various interactions, by showing in Fig. 14 the ratios between the total cross sections and the LM1 total cross sections taken as a reference calculation. The meaning of the lines is the same as in Figs. 11 and 12, therefore the LM1 results are represented by horizontal lines with value 1. In 12 C the LM2 results are larger than those obtained with the LM1 interaction for all the reactions but for the (ν, e − ) one. In this case, the PP result is noticeably different from the other two. At higher energies there is a convergence of all the results. As we have already pointed out the LM2 results for the (ν, e + ) reaction, remain above the other ones, even in the asymptotic region. The results for the 16 O nucleus show a much better agreement, or in other words, a smaller sensitivity to the residual interactions. As in 12 C the main differences between the various calculations are located in the low energy region. All the calculations show convergence at high energies. Only the results of the charge-conserving reactions at 100 MeV do not converge to LM1 values.
Specific applications
We have used the total cross sections of Figs. 11 and 12 to study two specific situations: the electron neutrinos emitted by the muon decay at rest, and those emitted after a supernova explosion.
The energy distribution of the neutrinos emitted by a muon, follows the law [46] :
where m µ and m e are the muon and electron mass respectively, and N a normalization constant A comparison with experimental data [47, 48, 49] is done in Table 7 . In this table we show the values of the total cross sections obtained by integrating the flux averaged cross sections of the panel (b). Our results are lower than the empirical ones. They are also remarkably lower than those obtained by other authors which used ordinary RPA [50] , Continuum RPA [51, 52, 53] , quasiparticle RPA [54, 55] shell model [56] , infinite nuclear matter models in local density approximation [57, 58] . The source of these discrepancies is related to the fact that our cross sections have been calculated only above the continuum threshold. We have neglected the excitation of the discrete spectrum. Some of these discrete excitations are important for the neutrino energies involved in the process, for example the 1 + state at 17.34 MeV, just below the continuum threshold. This can explain why calculations working with discrete configuration spaces [50, 54, 55, 56] produce cross sections larger than ours.
The other application of our results we want to discuss is related to the inelastic neutrino scattering reactions relevant for the nucleosynthesis following the supernova explosion. Monte Carlo simulations [59, 60] indicate that the energy distribution of the neutrinos produced in a supernova explosion can be rather well described by the function:
where C is a constant fixed to normalize f (ε i ) to unity. The average energy of the produced electron neutrinos,
can assume values from 11 up to 12 MeV, and the parameter α can vary between 0 and 5 [60] .
We have multiplied the (ν, ν ′ ) cross sections of Figs. 11 and 12 with the energy distribution (17) . We wanted to compare the effects of the nuclear structure uncertainties with those related to f (ε i ). For this reason our cross sections have been multiplied by the energy distributions (18), obtained with three different parameters sets, whose values are given in Table 8 . The respective energy distributions are shown in the panel (c) of Fig. 16 . The flux averaged cross sections for 12 C and 16 O nuclei are presented in the panels (a) and (b) of Fig. 16 respectively. For each nucleus we show the results obtained by using the three different interactions for the three different parameterizations of f (ε). The various types of line identify the interactions used, and the roman numbers the various parameterizations of f (ε i ).
We have verified that the effect of the FSI is negligible. The relevant nuclear structure effects are related to the residual interactions. The uncertainties produced by different choices of the interaction are comparable with those related to the choice of the f (ε i ) parameters.
We should point out that our cross sections have been calculated only for ε i > 20 MeV, and for nuclear excitation energies above the continuum threshold. This means that in our results, the most important part of the energy distribution f (ε i ), which is peaked around 9, 10 MeV, does not contribute. Our results are strongly related to the high energy tails of the f (ε i ) distributions which we emphasized by using the logarithmic scale in the insert of the panel (c).
Conclusions
In this article we have presented the results of calculations for the electron neutrino, and antineutrino, scattering cross sections off 12 C and 16 O nuclei. The neutrino energy range of our interest goes from a few tens of MeV up to a few hundreds of MeV. The nuclear transitions, of both chargeconserving and charge-exchange type, have been described within the CRPA theory implemented by a model which considers the FSI effects. The parameters of our nuclear model have been fixed to reproduce total photo-absorption cross section data, Fig. 3 , and the validity of the model has been tested against electron scattering data, Fig. 4 .
In all the kinematics we have studied, the transverse axial vector responses give the largest contributions to the cross sections, Fig.5 . We have also investigated the angular distributions of the various cross sections as a function of the projectile energy, Fig. 6 . We found that at low energies, ε i = 50 MeV, all the cross sections are backward peaked. This behavior is smoothly modified, and already at 200 MeV all the cross sections are forward peaked. For energies above 200 MeV this behavior becomes more accentuated, i.e. the ratio between the cross section values at forward and backward directions increases.
We have found large differences between neutrinos and electron scattering cross sections calculated for the same kinematic conditions in the giant resonance region, Fig. 7 . The various probes excite resonances which differ in energy, angular momentum and parity. This was expected in the charge-exchange processes, since, in this case, the particle-hole configuration space is different from the electron scattering reaction. We have found remarkable that also the charge-conserving neutrino, and antineutrino, cross sections show different shapes with respect to those of the electron scattering cross sections. We identified the source of these differences with the dominance of the transverse axial vector terms in the neutrino reactions.
Our main results, the total cross sections for both nuclei as a function of the projectile energy, have been presented in Figs. 11 and 12. For neutrino energies above 40 MeV the effect of the FSI is a reduction of the cross sections of about 10-20%, depending upon the nucleus and the reaction considered. For lower neutrino energies the FSI effects do not have a common trend, Fig. 13 .
The sensitivity of our results to the residual interaction is weak for neutrino energies above 40 MeV. The various cross sections agree within a 10% of accuracy. In this region, we found agreement also with cross sections calculated bu other authors [51, 61, 62, 63] . This gives us confidence about the reliability of the nuclear model.
The situation for neutrino energies below 40 MeV is more complicated. In this case, the cross sections are sensitive only to the excitation region around the nucleon emission threshold and the giant resonances. This excitation energy region, is very difficult to describe, since the CRPA results both depend strongly on the ingredients of the nuclear structure models, i.e. single particle energies and residual interactions. Unfortunately, this problem is not irrelevant for neutrino physics. We have shown that the energy distributions of the neutrinos produced by muon decay at rest, see Fig. 15 , and also that of the neutrinos emitted from a supernova remnant, Fig. 16 are most sensitive to the low energy neutrinos. Also in the proposed beta-beam facilities [64] , the neutrino energy distributions have their maxima in the region emphasizing the excitation of nuclear giant resonances [65] .
From the nuclear structure point of view, the situation is quite intriguing. An improvement of our capability of describing the nuclear excitation in the continuum is necessary. From the experimental point of view, (e,e') data in the giant resonance region for the 12 C and 16 O nuclei are required to test the validity of our nuclear structure models. However, being able to describe these data would not be sufficient to be sure about the description of neutrino-induced excitations. We have shown that, even in the neutral-current case, neutrinos calculations are sensitive to nuclear structure details that are irrelevant in electromagnetic excitations. Therefore, it is evident the need of comparisons with hadron excited giant resonance data [23] [21] . The horizontal lines indicate the Fermi surface. This is the discrete part of the configuration space used in the CRPA calculations. Table 6 : Percentage contribution of the various multipoles to the energy integrated cross sections of Fig.   7 . The raws labeled oth give the contribution of the multipoles other than those labeled in the O calculated with the CRPA, compared to the experimental data of Ref. [10] . In the panels (b) and (d) we show the sum rules calculated as integral of the cross sections shown in panels (a) and (c), see Eq. (7), and normalized to the classical value of the Thomas-Reiche-Kuhn sum rule. The gray bands indicate the experimental sum rules. The LM1, LM2, and PP labels refer to the three different residual interactions used in our work. 
and (c) panels are those quoted in Ref. [35] , while the data of the other three panels have been measured in Saclay [34] . 
